CONG THUC LUOQNG GIAC
ON TAP KIEN THU'C PA HQC

I. HE THUC CO BAN

1. Dinh nghia cac gia tri lugng giac:

H

_ : ' T
O_P=cosa
O_QZ sin a B T, cotang
AT =tana Q""i
BT =cota |

o cosin .
Nhin xér. °f P

e Va, —1<cosa<l, —1<sina <1 /

o tana x4c dinh khi 2 # §+ k. ke Z,

Sin_

e cotaxac dinh khi a# kr, ke Z
2. D#u clia céc gid tri lugng gidc:

Cung phantu | 1 11 11 v
Gié tri lugng gidc
sina + + - -
cosa + - - +
tana + - + -
cota + - + -
3. Heé thic cd ban:
sin’a + cos’a = 1; tana.cota=1
l+tan” a = ; l+cot’a= 5
cos” a sin” a
4. Cung lién két:
Cung d6i nhau Cung bu nhau Cung phy nhau
) ) (7
cos(—a) = cosa SImM(7r—a) =sina sm(a - 3) = cosa
sin(—a) = —sina cos(r—a)=—cosa cos 5 —a|=sina
V4
tan(—a) = —tan a tan(r —a) = —tana tan 5 —a|= cota
V4
cot(—a) = —cot a cot(r—a) =—cota cot 5 —a|= tana
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T

Cung hon kém 5

Cung hon kém =

sin(z+a) = —sina

. T
SIH(E + QJ =CcoSa

V4 )
cos(r+a)=—cosa cos [5 + aj =—sina

V4
tan(z +a)=tana tan (5 + aj =—cota
V4
cot(r+a)=cota cot [5 + 3) =—tana

5. Béng gié tri lugng gidc cia cac géc (cung) dic biét

T T T T 2r 37 3r
0 = i z z r E 2 p 3 r
6 4 3 2 3 4 2
0° 30° 45° 60° 90° 120° 135° | 180° | 270° | 360°
sin 0 i ﬁ ﬁ 1 ﬁ Q 0 -1 0
2 2 2 2 2
cos 1 ﬁ ﬁ l 0 —i _ﬁ -1 0 1
2 2 2 2 2
tan 0 ﬁ 1 NE) ‘ ‘ -3 -1 0 | | 0
3
3 3
cotg ‘ ‘ \/5 1 £ 0 _£ -1 ‘ ‘ 0 ‘ ‘
3 3
1. CONG THUC CONG
CoOng thidc cong:
sin(a+ b) = sina.cos b + sin b.cos a tan a+tan b
. . . tan(a+ b)) = ——
sin(a— b) = sin a.cos b—sin b.cos a l-tana.tanb
cos(a+ b) = cos a.cos b — sin a.sin b tana—tan b
) _ tan(a— b) = ———
cos(a— b) = cos a.cos b+ sin a.sin b l+tana.tan b

l+tan x [7? ] 1—tan x
ta =

_1+tanX

Hé qua: tan Zix|=
4 4

l-tan x’

GV: boan Vian Tinh — 0946069661 — Website: giasutrongtin.vn

Trang 2



https://giasutrongtin.vn/

III. CONG THUC NHAN

1. Cobng thic nhan d6i:

sin2a = 2sina.cosa

c0s2a = cos” a—sin’a=2cos’ a—1=1-2sin” a

tan2a = 5

1-tan® a

2. Co6ng thitc ha bic:

2tan a
; cot2a=

cot? a—1
2cot a
3. Cong thidc nhin ba:

. A  Aeind
5 1-cos2a sin3a —3smc;1' 4sin” a
sin H_T cos3a=4cos” a—3cosa
2 l+cos2a 3tana—tan’ a
Cos” a = —— tan3a =—2l
2 |-3tan” a
9 l-cos2a
tan~"g = ——
1+cos2a
R . . a
4. Cong thic bi€u dién sina, cosa, tana theo t = tazzE :
a . 2t 1-7 2t
bit: r=tan— (a# 7 +2kr) thi:|sina = ; cosa = ; tana = ——
2 1+7 1+ 7 1-

IV. CONG THUC BIEN POI
1. Coéng thitc bi€n d6i tdng thanh tich:

. . . a+b a-b sin(a+ b)
sin a+sin b = 2sin .COS tana+tanb= ——
cos a.cos b
) ) at+b . a->b sin(a— b
sin a—sin b = 2cos .sin tana—tanb:¥
cos a.cos b
a+b a—->b sin(a+ b
cosa+cosb=2cos .COS cota+cotb:¥
sin a.sin b
. at+tb . a-b sin(b—a
cosa—cos b= —2sin .sin cota—cotb:¥
sin a.sinb

sina+cosa = ﬁ.sin[eﬁ%}z«ﬁ.cos[a—%j
sina—cosa= 2sin£a—%j:—\/gcos[a+§)

2. Cong thitc bi€n ddi tich thanh tdng:

cosa.cosb = %[cos(a —b)+cos(a+ b)]

1 1
sina.sinb = —|cos(a—b) —cos(a+b) | ; sina.cosb = —|sin(a—b)+sin(a+b
5 Lcosta—b) —cos(a+b)] - Lsin(a—b)+sina+) |
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CHUONG 1: HAM SO LUQONG GIAC - PHUONG TRINH LUQNG GIAC
BAI 1: HAM SO LUQNG GIAC

Chuyén d@é: Tap xac dinh, tip gia tri, tinh chin —1é, chu ky, do thi

a) y=sinx :TipxdcdinhD=R;thpgid tri 7=[-1,1];ham &, chuky 7 =27.

Do thi
“y

/

tal A

Do thi

¢) y=tanx : Tapxacdinh D = R\{%+kﬁ,keZ};tépgiéth:R,hémlé,chuky Iy=mrx.

il
AT

d) y=cot x :TélpxécdinthR\{kﬁ,keZ};tﬁpgiét[jT=R,hémlé,chuky Iy=mrm.

\ I
A
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Bai tap
Bai 1. Tim tdp x4c dinh va tip gid tri cda cdc ham s6 sau:
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Bai2. Tim gid tri I16n nh4t, gid tri nhd nhat clia him s6:
al y= 2sin£x+%j+l
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d/ y=4sin* x—4sin x+3

4

f/ y=sin x—2cos” x+1
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BAI 2: PHUONG TRINH LUQNG GIAC CO BAN

1. Phuong trinh sinu = sinv

) ) = k27
/ = umve kez
a/ sinu =sinyv < [u=7r—v+](27r( e”)
sinu = a. Piéu kién: —1 <a<l.
b/ Sinu=a < u=arcsma'+k27r k e 2)
u=sm—arcsina+ k2x

¢/ sinu=—sin v <> sinu =sin(—v)

) ) 1
d/ sinu=cosv < smu:sm(a— j

. . . T
e/ sinu=—-cosv < sinu= SIH(V—EJ

Cac trudng hgp dac biét:
sintu=0 < u=kr (ke2)

sinu=1 < u:§+k27r (k € Z)

sing = —1 < u:—§+k27z (k € Z)

2. Phuong trinh cosu = cosv
a/l cosu=cosv < u=xv+k2rx (ke 2)

cosu = a. Piéu kién: -1 <a<l.

b/
cosu =a < u==xarccosa+ k2xr (ke 2)

¢/ cosu=—cosv <> cosu=cos(r—w

) T
d/ cosu=sinv < cosu=cos| ——

. T
e/ cosu=—sSInv<> cosu= cos(5+ Vj
Céc trudng hgp dac biét:
cosu=0 < u:§+k7z (ke Z)

cosu=1 o u=K2r (ke 2) cosu=—-1 < u=rx+k2n (ke 2)

3. Phuong trinh tanu = tanv
a/ tanu=tana < u=a+ikr (ke 2)

b/ tanu = a < u =arctana+ kn(k e ”2)

¢/ tanu=—tan v < tanu =tan(—v)

T
d/ tanu=cotv & tanu:tan(z— j
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e/ tanu=—cotv< tanu = tan(%+ Vj
Cac trudng hgp dac biét:
tanuz =0 < u=kr (keZ) tanu = +1 <:>u:4_r§+k7z (k € 2)

4. Phuong trinh cotu = cotv
cotu=cotv < u=v+ikr (ke ”2)

cotu= a<> u=arccota+krn (ke 2)
Cac trudng hgp dac biét:

cotu =0 < u:§+k7r (ke Z)

cotu =1 < u:i%+k7z (ke Z2)

5. Mot s6 diéu cin chd ¥:
a/ Khi gidi phuong trinh ¢6 chita cdc ham sd tang, cotang, c6 mau s6 ho#c chita cin bac
chin, thi nhat thi€t phdi dit diéu kién d€ phuong trinh xéc dinh.

*  Phuong trinh chifa tanx thi diéu kién: x# % +kr (ke 2).
*  Phuong trinh chifa cotx thi diéu kién: x#= kr (ke 2)
*  Phuong trinh chifa ca tanx va cotx thi diéu kién x# ](% (ke 2)

*  Phuong trinh ¢6 mau s6:
° sinxz0 < xzkr (ke 2)

. cosx#0 < X¢§+kﬂ (keZ)
Va

° tanx =0 < Xi](E (ke 2)
V4

. cotx#0 < Xi](; (ke 2)

b/ Khi tim dugc nghiém phai ki€m tra diéu kién. Ta thudng diing mdt trong cic cich sau
d€ kiém tra diéu kién:
1. Kiém tra tryc ti€p biing cich thay gi4 tri cda x vao biéu thitc diéu kién.
2. Dung dudng tron lugng gidc.
3. Giai cac phuong trinh v6 dinh.

GV: boan Vian Tinh — 0946069661 — Website: giasutrongtin.vn Trang 9




BAI TAP
Bai 1. Giai cidc phuong trinh:

1) COS(ZX—F %J =0
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Administrator
Pencil


7) sin(3x+1) =
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........................................... ﬁ
2
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Bai 2. Giai cidc phuong trinh:
1) sin(3x+1)=sin(x—2)
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7) tan 3x—Z |=tan| x+Z
4 6
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10) cos(/\'2 + X) =0
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13) cot® x=1
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